58 V. — 88 1-2. 


Vv. 


S. — num: 


95 Ge IN 50: 

1. numu=0.=.wu=A. Def. 
9. m e N.o:inum u=M,=.*.4==A:2 € Ud. num(u-:a)-—m- —1. Def. 
3. num u = 1.= A fe =AL, YEU. Oe, y. D —y- 

4. num 4 = o, = .numu-¿ N,. Def. 
5. numueN o:0 to. 

6. ac Ny.0.G + œ= e + G=: 00 -- 00 = 00. < 00. Def. 
7, wo v = A . 9 . num (UL v) = num + num v. 

8. num (u » v) + num (u v) = num u + num v. 

9. ke KK.0.^'k—me(yek.oy.meg). Def. 
10. » ¿De k=zxe(yek.eey.-=yA). Def. 


11. ve KK.p,qeN.numu—p:ztev.o;.numag —q:9,ytu.am- 
= Y Da, y. CY = ^..0.num LU =p X g. 

12. fe(vfu).o.numfu£ numu. 

13. » num/u--o.90.num«w- o. 

14. f c(vf u)Bin.o.num fu = num. 

15. fe(vfu)sim.o.num v = num v. 


8 2. — max, min. 


u, veKq.9: 
1.2 —maxuw.-—.csw.uwo(z-4-Q)-—aA. Def. 
2. x = minuw.-—.ao&u.uo(z—Q)-—a. Def. 


3. numueN.o9.max u, minusq. 

4. ue KN.u--- ^.0.minueN. 

5. ue KN.u-—A.meN.uo(m--N) —4^.0.maxueN. 
6. ueKn.u-=A.men.ur(m+N) =A.,0.Maxuen. 
7. » > » .un(m—-N)=a.9.minwen. 
8. min N = 1 . max N =4. 

9. max Q = 4. min Q = A. max q = A, Mminq =A. 

10. max w, max v £q . 9 . max (uw v) = max (max w, max v). 
11. min, min v £q . o . min (u= v) = min (min v, min v). 
12. max u, max v £q . o. max (u + v) = max u + max v. 
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13. 
14. 
15. 
16. 


V. — 88 23, 59 


minv, min v £q . 9. min (u + v) = min u + min v. 


max u £q. 9. min (— u) = — max v. 
min u £q . 0. max (— 4) — — minu. 
u, VEKQ. max z, max ve Q. o. max (w > v) = max w X max v. 


Qr eet 


U, veRq.u-=A.0v-=A.0: 
d 


BON 


MOVE Gea. 


9? nasa 


DD 
- è 


req.onae=l'u.—..un(r+Q)=aA:yeer—Q.0,.U0(Yy+Q)-= A. 
Det, 

:Q6q.0: c —1u.—..wo(z—Q)— ACEL Q.oy.uo(y —Q)-— 4. 
Def. 

maxusq.o.maxu-lw. 

. minweq.o.minu=l],w. 

lue u.o. l'u =maxu, 

. Lait ei, 93, l u= mnu. 

meq.unim+0Q)=A.0.lueq.luZ<m. 

. meq.urn(m—0Q)=A.0.lueq.lu=m. 

lu =. =:mEq. 9m. un(m + Q)-=4. Def. 

.luw-—-—wo.—:imtq.Os.uwo(m-—qQ)--—4A. Def. 


l'uequico, 


. 1uequi(— e). 


(1£(1.9.4 +0 = 0» + a — e , a 6o — (— 0) +4=—=0,0-+ 60 = 00. 
— @% — c = — 0. — % < q < — OI — W < —- 0. Def. 
qsQ.0.a><eo = Xa = v , 4X(— m)=(— %)>a==— oo , DEN oo = eo , 
(— 00) x(— 00) =00 . a 00) =(— 00) coo = — eo . ajo -=aJ(— oo) 
— ara 0 co, Def. 
l'(ucv) = max (l'u, lw). 


. 1, (4:20) = min (Lu, lv). 


uwov.o.Iuzle.luxli. 


$3. 1-6. WEIERSTRASS. V. PINCHERLE, Saggio di una introduzione alla 


teoria delle funzioni analitiche secondo à principii del prof. Weierstrass. 
Giornale di Battaglini, XVIII, p. 242. 


BoLzaxo (1817). V. SroLz, Vorlesungen über Allgemeine Arithmetik, 


I, p. 149. 


Dini. Fondamenti per la teorica delle funzioni di variabili reali. 


Pisa, 1878, N. 15. 
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60 Se Be 


11. VOV EEV 0g. un (+ Oil = A PO, lit ss Up, 
11. aanren, Oe, ur (r—Q)-—A.0.lju —lv. 
12. Lug Yu. 

13. numu > 1.o.1 < Un, 

14. (uv) =lu=+Tlv.1,(u +) =l/u +10. 

15. m£Q.0.I(mu) = m'u . (mu) =mlu. 

16. l'(à— u) = — 14.1 (— u) = — l'u. 

Il vE RORO. LUX 2) SOX O 

17. u, ve KO. o. Lu XxX o) = lu > lo, 

18. ue KQ.0.I([w) =u. Lt lu. 


19. 1Q = e, Lil —0.1q— o, Jl = — o. 
20. we KQ.0..1,4 = 0. ss? bet, os, un(h—Q)-=A. 
21. > > =:heQ.0 . num [us (h — Q)] = œ 


22. 4,v¿KQ.0:1,(uvv)=0.=.1,4=0..-.1,0=0. 
23. u,veKq.o:l'(#0v—=o.=.l'iu=o.L.l'u="@%. 


$ 4. — qre 


.neN.o:qn=QfZn. 

SE qa. 0.@ = (2, e Lay veer Ly): 

o Eee po) IIA ob us) Ce Mayo 
£, Y Eqa I. 2 -- y — (LH Y ys La Vn). 

» > zÄ zs (Z; — Yi; La — Yn). 

> MEQ. LE qa. O. am = (am, , a2, , ... ALa) 

s 0. Cuma amu E= Ep À 

o les Lee Hl 


. mod z — mé =| a F a Lal, 


Def. 


— -—— ` ` — er 


D OD si CÇ; En WG o bi tz 


2,y,2€05.0,06q.0: 

10. 24--9y5q». 

ll. »--y = y +z. 

12, (x +- y)+ z = m+ (y +z) =t+y+2. 
13. z—xu=0. 

14. 2234-0 m zx. 

15. ars qu. 


Š 4. 1-31. GRASSMANN, Ausdehnungslehre. 
CAYLEY, On a theorem relating to the multiple Thetafumetions, 
Math. Ann. XVII, pag. 115. 
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16. a (x + y) =ax + ay. 

17. (a+b) x = ax + bz. 

18. a (bx) = (ab) x = abx . 

19. 1a=x. 

20. MLEQ,. 

21. mod (z + y) < mod x + mod y. 
22. mod ax = (mod a) (mod 2) . 


25 mio c 
24, Ely = m, y, H 94 Yot aen Y. Yn Def. 
25. alyeg. 


26. aae (mm). 

A a == >. 

28. el(y+2)=a|]y+a]z. 

29. (ax)ly = z |(ay) = a (m| y). 

BN 1150159. 0, ..40). 1; —4D., 150,0). 1, =00 20.0, 1)., ¿DER 
31, 2 — X, , + @, i, + nn H Q, i, . 


a,beq.a<b.o: \ 
41. aTb=(a+Q0(b6b-Q). 

42. ab = (a — Q.) ^ (b — Qo). 

43. a^ b = (a+ Helen (b — Q). Def, 
44. a7 b — (a--Q)o(b — Qo). | 
45. bma =a De its ab. Ua = a=b. b ade ab. 

40. 0 = 0. | 


85. — D. 


neN.u, veKq,.9: 

I Du — qu^zz|l, m [(u -= ¿ z) — z] = 0] Def. 
2. Du =q we [he Q. 0. num (ur (z +0 m h)) = >]. 

Bi JE AED DI aD qu 

4, num u — o .l'modueQ.o.Du- = A. 

5 numucsN.o. Dum A. 


$ 5. 1, 2, 3. G. Cantor, Math. Ann., V, p. 123 (1871). Acta math., 
II, p. 343. 
4-7. DIND ib., N. 12, 13. 
CANTOR, Math. Ann., XV, pag. 1 (1879). 
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62 V.- 85. 


. DDuo Du. 

. pe N.o. Dr uo Du. 

. Dínov= Duo Dv . 

. wov.o.Duo Dv. 

10. Duou.Dvov.o.D(uov)ou^v. 

11. Duou. Dvov.o.D(usv)ouov. 

12. wo Du.vo Dv:io.uwovoD(u-v). 

lago Du con Du = Dù . 

14. veKq.l'ueq-u.o.lu=max Du. 

Hdi my. 4 » 1,4 =min Du. 

15. a£q,.0.D(a-- u) = a—+ Du. 

16. (u+ Dv) (v + Du) (Du + Dv, o D(u= v). 
1 it 1 1 1 1 1 

i. D (pez) Sg 10-D (55) = v= 

18. Duo u.o.num Kq, o we (u = Dw) = c. 


O 00-4 c 


21. D u — ot Du. Def 
22. D? u — qu^me(peN.op.oe Deu). 

23. pe N.o. Drtu= DO Deu. Def. 
24, pe N.o DPP ap == DO at 

25. PEN. 0. DARA DE DO w. Def, 
20. DE O DES Def. 
27. D? u — (DEW u =^‘ (DY) u. Def. 
28. peN + 1.0. DPu =^‘ (DP u. Def. 
29, apeN.o. Dou = (DOP): u, Def. 


= | a 
30. p, ao, Quy ap& N . 0. Ds. a P tte + y= 
Dis Din... DMPP! pa? y, Def. 


8, 18. G. CANTOR. Math. Ann., XXIII, pag. 470 (1884). 

10, 11, 12. R. DE PaoLis. Teoria dei gruppi geometrici, ecc. Me- 
morie della Societá Italiana delle Scienze, 1890, pag. 27, 28. 

13. J. BENDIXON, Acta mathematica, t. II, 1883, pag. 416. 

14, 14. Dinx, ib., N. 16. AJ 

21-30. Cantor, Math. Ann., XVII (1880). 
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V. — $$ 5-6. 63 


usKq.o: 

41. Du —qoss[e —T(uo(z—Q)]. ^. . Def. 
42. Du— qc & [y — (un (s+ Q))]. Def. 
43. Du = Duo Dyu. 

44. D'(-u)=— Du . D, (— u) =— Du. 

45. D'(uo v) = Duo Dv, D, (uvv) = Dw D o, 


ne 


: 0-190 I 


11. 
12. 
13. 
14. 
15. 


16. 


[IF]. 
18. 
19. 
20. 


+. DD'uo Du. DD uo Du. D Du o Du. TL o og DITA DIR 


D'D,uo Du. D Duo Dn, D Du o Du. 


T E E a, 


N.m,veKq,.0 


, Iu =Q, ms (he Q. 3 Imhou.-=xA). «pri Def. 
. Eu=I-w). Def. 
. Lu = (- Iu) (- Eu). š Def. 


. E(- u) = Iu . L(- u) = Lu. 
. Iua Eu = x. Iua Lu = A, Eu Lu = A. Tuu Eu o Lu == q,, 


Tuou. Euo-u. uouo La. ss uo Eu Lu. 


. Iu = Tu , I Eu = Eu. Lu == ILu LLu. LLu = Llu- En. 
. Kuc Lu)—A.ELu-Iu 2 Eu. Elu——(Iu LIu).EEu=-(Ew > L Eu). 
. ILIu = A. ILEu = x. ILLu = A. LL Lu = L Lw . LLIu = Liu. 


LLEu= LEu, LILuo LLu. 


uov.9,Iuo Iv. Evo Eu. Luo Ivo Lv. 

Iunv)= Iun Iv. Euvv= Eun Ev. 

IucIvoIu:-v)o Tu: Tv (ant fach, 

Eu Evo E(u- v) o Eu o Evo(Lu)Lv). 

(Iu)( Lv) » (Iv)(Lu) o Luro! o (Ui La) » (Iv) (Lu) (Laut nei, 
Lu Lei  (Ev(Lw) o Luv) o (£u(Lv) o (Ev)(Lu) »(Lw(Lv). 
Ilu Iv) = luv Iv. 

ILLu-LLv)=A. 

Us =A.-U-=A.9.Lu-=A. 

Iu=u-D(-u). 


8 5. 44-46. BuraLi-FortI. Sulle classi derivate a destra e a sinistra. 


Atti Acc. Torino, 1894. 


$ 6. 1-18. PEANOo, Arithmetices principia, 1889, S 12. 
19-20. JoRDAN, Cours d'Analyse, 1893, vol. I, pag. 20, 
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64 


Wi Se 


$ 7. — C, med. 


me Nu, vs Kg, .9: 


eU c Io 


pa 


Š pp 


: Qu =q, oct [], m (u — z) = 0]. 
Qu = uo Du = wç Lu = Iu o Lu = - Eu. 


Ces Ou. 
Cuo v) = Cu Op, 
uov.. Cuo Cv. 
C(unv)o Cuor Cv. 


Cu=u.Cv=v.0.C(unv) = Cun Cv. 


ueKq.l'u,l,ueq.o.l'u,l,wue Cu. 
xeDu.,= xeC(u-ta). 


. numueN.o.u= Cu. 


.veKq.o.medu=(l,u)7(l'u). 
» .90.medu-q^ Bely ZEU Y mea. 


neN.,u,veKq,.o: 


23. 


med u = q,a 2 E (Q E Qp + Da + Q | X E Med (a|u). 

» C,ysu.a-=Y.p,qeéQ.0.(px+9y)(p+9)cmedu, 
. uov., med uo med v. 
. med u == v. med v = v . o . med (u^ v) = (med u)— (med v). 
. med med u = med y. 
. I med u = med v. 


= =y, z å). 


G. PEANO. 


$ 7, 1-9. Peaxo, Math. Ann. XXXVII, pag, 195, 
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Def. 


Def, 


Def. 


